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Abstract 
The calculation of the impact pressure on obstacles in granular flows is a fundamental issue of practical relevance, e.g. for 
snow avalanches impacting obstacles. Previous research shows that the load on the obstacle builds up, due to the formation of 
force chains originating from the obstacle and extending into the granular material. This leads to the formation of a mobilized 
domain, wherein the flow is influenced by the presence of the obstacle. To identify the link between the physical mobilized 
domain properties and the pressure exerted on obstacles, we simulate subcritical cohesionless and cohesive avalanches of 
soft particles past obstacles with circular, rectangular or triangular cross-section using the Discrete Element Method. Our 
results show that the impact pressure decreases non-linearly with increasing obstacle width, regardless of the obstacle’s 
cross-section. While the mobilized domain size is proportional to the obstacle width, the pressure decrease with increasing 
width originates from the jammed material inside the mobilized domain. We provide evidence that the compression inside 
the mobilized domain governs the pressure build-up for cohesionless subcritical granular flows. In the cohesive case, the 
stress transmission in the compressed mobilized domain is further enhanced, causing a pressure increase compared with the 
cohesionless case. Considering a kinetic and a gravitational contribution, we are able to calculate the impact pressure based 
on the properties of the mobilized domain. The equations used for the pressure calculation in this article may be useful in 
future predictive pressure calculations based on mobilized domain properties.

Keywords  Cohesive granular flow · Impact pressure calculation · Impact pressure on obstacles · Mobilized domain

1  Introduction

The question of how bodies and granular materials mov-
ing relative to each other interact and create interaction 
forces is of fundamental interest in fluid dynamics and for 
the rheology of granular flows [1]. The understanding of 
the interaction processes is also important for manifold 

practical applications, such as the transportation of par-
ticles [2], the impact of objects in granular beds [3], and 
the structural design of obstacles subjected to geophysi-
cal flows [4–6]. Our research is motivated by the need 
to understand the relevant processes of cohesive granular 
snow avalanches interacting with obstacles in the flow 
path. Endangered obstacles are mostly located in or close 
to settlement areas or traffic routes. When avalanches reach 
these obstacles they are often in the run-out phase and 
therefore moving relatively slowly. Hence, in our research 
we focus on a cohesionless and a cohesive granular flow 
characterized by a subcritical Froude number Fr < 1 inter-
acting with an obstacle. The Froude number is defined 
as Fr = v∕

√

g h , where v is the undisturbed velocity of 
the granular material, g is the gravitational acceleration, 
and h is the height of the undisturbed flow surface above 
the ground. For subcritical flows the force exerted on an 
obstacle by the granular flow is mostly independent of the 
flow velocity [2, 7–10].
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Previous research shows that the force acting on the 
obstacle originates from force chains forming between 
jamming particles [11, 12]. On the particle scale, the 
flow–obstacle interaction dynamics are therefore governed 
by the coexisting formation and destruction of these force 
chains extending upstream of the obstacle into the flow. 
Cohesion is known to increase the persistence of the force 
chains and the contact network density [13, 14]. On the 
macroscopic scale, the strong force chains originating 
from the obstacle form a region which is referred to as the 
mobilized domain (MD) by some authors (e.g., [15–17]). 
Hence, the MD is the region in a granular flow encounter-
ing an obstacle, which experiences a significant increase 
in the contact forces between particles. Presumably, the 
macroscopic force experienced by the obstacle is therefore 
governed by the properties of the MD [16].

To our knowledge, the MD has only been described in 
a few studies, and the authors provided little information 
on the implications for the drag force on the obstacle [8, 
16, 18]. Chehata et al. [8] suspect that the drag exerted 
on an obstacle is the result of compressive stresses act-
ing on the MD. Revisiting a large number of studies on 
the macroscopic force on obstacles, Faug [16] proposes 
a phenomenological model to calculate the force, con-
sidering a kinetic, a gravitational and an apparent weight 
contribution.

In the present study we aim to identify the relevant 
interaction processes and MD properties to physically link 
the MD and the average impact pressure on the obsta-
cle. In order to achieve this objective, we use the Discrete 
Element Method (DEM) to simulate a volume of moving 
granular material consisting of soft discrete particles. In 
our setup the moving particles interact with a static obsta-
cle, whereat we systematically identify the MD around the 
obstacle. Because we focus on subcritical flows, for which 
the impact pressure is independent of the velocity, we arbi-
trarily select a flow velocity of v = 3 m/s, corresponding 
to Fr = 0.61 . The granular flow interacts with obstacles 
with rectangular, circular and triangular cross-sections 
of widths between 0.24 m and 6.0 m. In order to assess 
the influence of the cohesion on the impact pressure, we 
simulate a cohesive and a cohesionless scenario for all 
combinations of obstacle widths and geometries. Because 
compressive stresses supposedly play an important role 
in the impact pressure [8], we perform axial compression 
tests with the same cohesionless and cohesive granular 
material to assess how the compressed material state in 
the MD is linked to the stress inside the material and on 
the obstacle.

We organize the article as follows. In Sect.  2 we 
describe our numerical model and the setup of our simu-
lations. In Sect. 3 we present the results of our simulations 
of granular flows interacting with obstacles of various 

geometries. Thereafter, we discuss the presented method, 
the results and the method’s limitations in Sect. 4. Finally, 
we summarize the most important points of the paper with 
our conclusions in Sect. 5.

2 � Materials and methods

In this section we describe the methods and parameters used 
to simulate the interaction of granular flows and obstacles 
of various geometries and sizes. First, we present in detail 
the numerical setup and the simulation procedure. Second, 
we present the obstacle geometries for which we simulate 
the interaction with the granular flow. Third, we define the 
contact model, as well as the material and flow properties of 
the granular material used in our study. Fourth, we present 
axial compression tests showing how this material behaves 
under compressive loading. Finally, we present how we can 
distinguish the domain where the granular material flows 
freely from the domain where the flow is affected by the 
presence of the obstacle.

2.1 � Simulation setup and procedure

The present model is implemented in the PFC Discrete Ele-
ment Method (DEM) software from Itasca (Minneapolis, 
MN, USA), which is based on the soft-contact algorithm for 
the interaction of discrete spherical particles [19].

In this study, we simulate granular flows with and with-
out cohesion (Sect. 2.3) interacting with obstacles of dif-
ferent geometries and sizes (Sect. 2.2). As input for the 
simulation we want to impose the same boundary velocity 
of the granular material independently of the properties of 
the granular material and the obstacle geometry. Assuming 
that the free boundaries of large granular avalanches are 
far from the obstacle, we only simulate an isolated volume 
confined within the surrounding granular material in the 
flow. We therefore impose the motion of the granular mate-
rial at the up- and downstream boundaries of the isolated 
volume. In the streamwise x direction the granular mate-
rial is confined between either fixed particles or boundary 
walls, as shown in Fig. 1. In the simulations with obstacle 
widths w ≤ 1.0 m, we use a domain length of Dx = 11 m 
in the x direction. For wider obstacles we use Dx = 22 m. 
In the y direction transverse to the flow, the domain is lim-
ited by a periodic boundary condition and has a width of 
Dy = 28 m. We check that these domain sizes are sufficient 
to avoid strong force chains, and thus the MD originating 
from the obstacle, reaching the domain boundaries.

In the vertical, z direction the domain is Dz = 28 m tall. 
Because the granular material is subjected to gravity acting 
in the −z direction, there is only a bottom boundary wall to 
confine the particles in the vertical direction.
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When the flow first impacts the obstacle at the beginning 
of a simulation, the flowing material has yet to form the 
MD. Hence, to investigate how the impact pressure on an 
obstacle is physically linked to the flow around it, we need 
to obtain a continuous flow with a MD around the obstacle. 
In order to achieve this while minimizing the computational 
effort, we split the simulation procedure into two phases 
which we describe below. The first and the second phase 
are shown schematically in the upper and the lower half of 
Fig. 1, respectively. While the particles can flow around the 
obstacle in our 3D setup, Fig. 1 shows in sectional a view in 
the x-z plane in the middle of the flow domain.

In the first phase we establish the flow of the granular 
material around the obstacle. In the beginning all particles 
are assigned an initial or boundary velocity in the stream-
wise x direction (particles with a red outline in Fig. 1). Dur-
ing a simulation period �t1 the velocity of the particles at the 
up- and downstream boundary (particles with a red outline 
and fill) is fixed at the boundary velocity in the x direction, 
and at zero in the y and z directions. The rest of the parti-
cles are free to move according to the interaction with other 
particles or the obstacle (particles with blue fill). Hence, the 
boundary particles push the freely moving particles in the 
flow direction past the obstacle.

After the simulation period �t1 the simulation is paused 
and the fixed velocity condition is released for all particles. 
Particles beyond the downstream boundary are deleted (red 
outline). At the upstream boundary the domain is filled with 
newly generated particles (green outline). The newly gener-
ated particles are again assigned the initial velocity. Again, the 
velocities of the particles at the up- and downstream bounda-
ries are fixed (particles with red outline and fill), while the 
particles further from the boundary move freely. Subsequently 
another period �t1 is simulated. To develop the MD around the 

obstacle, we repeat this procedure three times. However, the 
generation of new particles in the first phase causes fluctua-
tions in the system. Because we want to obtain a continuous 
force on the obstacle, we simulate a second phase where the 
granular material is moving continuously.

In the second phase we implement boundary walls up- 
and downstream of the granular material to push it continu-
ously past the obstacle. In this configuration the fixed bound-
ary velocity is only prescribed at the boundary walls (orange 
walls in Fig. 1), while all particles are moving completely 
freely (particles with blue outline and fill). To avoid a situa-
tion where the upstream boundary influences the mobilized 
domain around the obstacle, we stop the simulation after 
�t2 when the boundary walls have travelled half the domain 
length Dx in the streamwise direction.

While the impact pressures shown in Fig. 5 are calculated 
as the mean value of the pressure on the obstacle during the 
second phase (Supplementary Material S.1), for the results 
in Fig. 7 we consider the instantaneous impact pressure val-
ues in this phase. In Figs. 8 and 9, we report the instanta-
neous impact pressure values of the last time step of the 
simulations, as we relate the pressure to the MD properties 
extracted at this last time step (Sect. 2.5).

In [20] we implemented a similar setup consisting only 
of the second simulation phase described above. There we 
showed that the presented numerical procedure is able to 
reproduce impact pressure of snow avalanches measured in 
full-scale field experiments.

2.2 � Obstacle geometries

To study the influence of the obstacle geometry on the MD 
and the impact pressure, we implement prism shaped obsta-
cles with rectangular, circular and triangular cross-sections, 

Fig. 1   Simulation procedure in two phases. First phase (top) with continuous particle generation and deletion at the boundaries. Second phase 
(bottom) where the flow is imposed by the boundary walls
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as shown in Fig. 2. In all simulations the obstacles are fixed 
in place and are rigid, consequentially not deforming under 
the experienced forces. All of these prismatic obstacles have 
a height of 5.7 m, which prevents the granular mass from 
overflowing the obstacle. We consider obstacles with widths 
w of 0.24 m, 0.6 m, 1.0 m, 3.0 m and 6.0 m. We select these 
widths based on the dimensions of already existing obsta-
cles measuring the impact pressure of avalanches in field 
experiments [21], which are 0.24 m, 0.6 m and 1 m wide. 
In our setup the obstacle widths are limited by our current 
computational resources, which do not allow the simula-
tion of larger domains needed to avoid boundary effects for 
obstacles w > 6 m.

For the rectangular cross-sections, two sides are normal 
and two sides are parallel to the flow direction. The sides 
normal to the flow are of varying width w, while the sides 
parallel to the flow are 1.6 m in all simulations. A compari-
son of two simulations with obstacle lengths of 0.1 m and 
1.6 m in the streamwise direction shows that the pressure 
only deviates by 0.3 % between the two cases. Hence, we 
expect that using a length of 1.6 m for all rectangular obsta-
cles does not affect the results considerably.

For the circular cross-sections the width w corresponds to 
the diameter. For the triangular cross-sections we define the 
angle of the wedge facing the flow as � = 60◦ . Hence, the 
width w of the triangular obstacles is given by the length of 
the downstream side of the triangle.

The force exerted by the granular flow on the obstacle is 
calculated by summing the contact forces of all particles in 
contact with a surface. Because we simulate symmetrical 

obstacles and flow conditions, the force Fy in the y direction 
on the obstacles is < 1% of the total force in all simula-
tions. The force Fz in the vertical direction is < 5% of the 
total force in all simulations. We therefore neglect Fy and Fz 
for the analysis of this study and only consider the force Fx 
exerted on the obstacle in the streamwise x direction.

To obtain a measure of the force exerted by the granu-
lar flow that is independent from the surface area and the 
geometry, we define the projected impact pressure px . It is 
equal to the impact force in flow direction Fx divided by the 
obstacle’s area Ayz = wh facing the flow projected on the 
y − z plane normal to the flow direction px = Fx∕Ayz.

2.3 � Granular flow and material properties

The formulation of the Discrete Element Method and the 
model setup we use for this study are generic. If suitable 
particle and contact properties are chosen, the model can 
be used to simulate the interaction of a variety of cohesive 
granular materials and obstacles. However, in the context 
of snow avalanches, we choose suitable material properties 
for avalanche modeling. The most important contact and 
particle properties are summarized in Table 1. A more in-
depth description of the parameter choices and the contact 
model can be found in [20] and its supplementary material.

In our model all particles are subjected to a gravitational 
acceleration of g = 9.81 m/s2 in the negative z direction. The 
mean diameter dp of the particles is 0.08 m with a polydis-
persity of 20 % to avoid crystallization. The particles have 
a density of �p = 500 kg/m3 and a restitution coefficient of 

Fig. 2   Prismatic obstacles with a rectangular (a), circular (b) or triangular cross-sections (c). The top row shows obstacles with w = 1 m interact-
ing with the granular flow. The particles are colored according to their streamwise velocity, where red corresponds to 3 m/s and blue to 0 m/s. 
The bottom row shows the cross-sections with the most important geometric measurements (color figure online)

a b c
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er = 0.05 . As we want to model a compressible granular 
material, which is relevant for snow avalanches and other 
geophysical flows, we set the particles’ Young’s modulus to 
E = 105Pa. This Young’s modulus E allows for substantial 
overlap of particles in the simulation if they are subject to a 
compressive load and thus mimics the material’s compress-
ibility. We discuss our approach to model soft particles with 
a low particles’ Young’s modulus E in Sect. 4.4 and further 
analyze how varying E influences the results of our study in 
the Supplementary Material S.2 .

In DEM the material behavior is governed not only by the 
particle properties but also by the contact model, which is 
applied whenever particles interact. To simulate a cohesive 
granular material we use the parallel-bond model, originally 
developed for rock modeling [22]. This contact model has 
also proven to be suitable to simulate other cohesive geoma-
terials, such as sand [23], debris [24] and snow [20, 25–27].

The contact model consists of a linear and a cohesive 
component in parallel. The linear viscoelastic component 
consists of a spring and a dashpot in the normal direction 
and a spring and a coulomb friction limit in the tangential 
direction. The cohesive component is a bond connecting the 
particles in parallel to the linear component. The bond acts 
mechanically like a beam and can sustain tensile, bending, 
shear and torsional forces. In our simulations a new bond 
is formed whenever two unbonded particles make contact.

In order to assess the influence of cohesion in the pressure 
build-up processes, we perform simulations of a cohesive and 
a cohesionless scenario. In the cohesionless and the cohesive 
case we implement a cohesive strength of �coh = 0.0 kN/m2 and 
�coh = 10.0 kN/m2 , respectively. This value corresponds to the 
tensile and pure shear strength of the cohesive bond.

2.4 � Compression tests of the granular material

One of this study’s main objectives is to physically link the 
properties of the MD to the impact pressure on the obstacle. 
Hence, we need to bridge the gap between the relevant pro-
cesses at the micro scale of the particles, such as the force 
chains and particle densification [12, 14], and the forces on 
the obstacle at the macroscopic scale in which we are inter-
ested. To achieve this, in this section we characterize the 
behavior of the granular material presented in the previous 
section under compressive loading by performing displace-
ment-controlled axial compression tests.

We visualize the setup of the compression tests in Fig. 3a. 
For the compression test we use a material sample with a 
rectangular cross-section of equal side length of s0 = 6.0 m, 
which corresponds to the maximum considered obstacle 
width w. A sensitivity analysis (Supplementary Material S.3) 
on the sample size shows that the compression tests’ results 
converge towards the results obtained with s0 = 6.0 m.

In the normal direction the granular material is com-
pressed between a wall and a collection of rigidly connected 
particles, referred to as a clump. In the lateral directions 
the tested material sample is confined by periodic bounda-
ries. We perform the compression tests in a zero gravity 
environment.

On the macroscopic scale the compressive strain 
�n = (l0 − l)∕l0 evokes a stress �n in the compression direc-
tion on the boundary wall, on the boundary clump and inside 
the granular material.

At the micro scale the rigid particles in contact typically 
interpenetrate each other due to compressive loading. The 
particle interpenetration � visualized in Fig. 3b evokes a 
force at the contact according to the contact law. In the fol-
lowing we express the compression of the granular material 
at the micro scale as the particle interpenetration normalized 
by the particle radius � = �∕rp.

Figure 3c shows the normal stress �n inside the granular 
material, on the clump and on the wall as a function of the 
particle interpenetration in the cohesionless case. Figure 3d 
shows a comparison of �n as a function of � in the cohesion-
less and the cohesive case. To distinguish between the test 
with the cohesive and cohesionless granular material, we use 
an asterisk for the quantities in the cohesive scenario, e.g. �∗

n
.

Panel c in Fig. 3 shows that the normal stress inside the 
granular material increases monotonically with increasing 
compression of the granular material. The concave shape 
of the �n-�n curve indicates that the normal stress �n in the 
material increases at a higher rate than the interpenetration � 
for large compressive strains. The stresses inside the granu-
lar material, on the wall and on the clump are almost identi-
cal. Hence, in the following sections we always refer to the 
normal stress �n inside the granular material, which also acts 
on an obstacle wall in the case where there is one.

Table 1   Granular material properties (a) and simulation setup param-
eters (b)

Parameter Symbol Unit Value

a) Particle and contact properties
Particle density �p kg/m3 500
Particle diameter dp m 0.08 ± 0.008

Young’s modulus E Pa 105

Friction coefficient � − 0.5
Restitution coefficient er − 0.05
Cohesive strength �coh N/m2 0.0, 104

b) Simulation setup parameters
Domain length Dx m 11, 22
Domain width Dy m 28
Domain height Dz m 28
Flow velocity v m/s 3
Flow height h m 2.5
Obstacle width w m 0.24 − 6.0
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Panel d in Fig. 3 reveals that the cohesive granular mate-
rial transmits a ∼ 1.5 times greater normal stress �∗

n
 than 

the cohesionless material �n for the same interpenetration 
� . We use the results of these compression tests to relate 
the particle interpenetration � to the internal stress �n in 
the material. In the following sections we use the notation 
�n (�) when relating the two quantities on the basis of the 
graphs in Fig. 3.

2.5 � Definition of the mobilized domain

When a flow interacts with an obstacle we can generally 
distinguish between two domains. One, at a distance to the 
obstacle where the flow is not influenced, and another, in 
the vicinity of the obstacle where the flow is affected by the 
presence of the obstacle [28]. For the latter we use the term 
mobilized domain (MD).

We systematically identify the MD by analyzing the nor-
mal contact forces Fn between the particles. Because the 
contacts between the particles are at random locations in the 
flow field, we discretize the flow domain with a regular grid 
to obtain a definition of the MD, which is consistent for all 
simulations. We use the average of the normal contact forces 
Fn located inside the grid cell as the representative value for 
the whole cell. A grid cell typically contains more than 15 
contacts and is 0.1 m, 0.1 m and 0.3 m in size in the x, y and 
z direction, respectively.

We choose the normal component of the contact force 
because the impact pressure on the obstacle physically origi-
nates from the force chains [7]. Thus, we consider the nor-
mal component to be the most relevant for the transmission 

of the pressure to the obstacle. Indeed, the analysis can also 
be performed using the shear component, leading to similar 
results [29]. Finally, we obtain the threshold value by defin-
ing a fixed percentile value of the averaged normal contact 
forces Fn in the discretized grid. More in-depth details of 
how we define the threshold value are provided in Supple-
mentary Material S.4.

Once the threshold value is obtained, we can define flow 
regions. The region where Fn is greater than the threshold is 
considered to be within the MD. Anywhere that Fn is lower 
is outside of the MD. Therefore, for very low percentile val-
ues the whole flow domain is considered the MD, while 
for very high percentile values the MD vanishes altogether. 
Hence, a physically relevant threshold value must be in 
between the extreme values.

For the present study we choose the 80th percentile of 
the normal contact forces as the threshold value. A sensitiv-
ity analysis is provided in Supplementary Material S.5 of 
this article. The analysis reveals that our results only weakly 
depend on the choice of the threshold in the range of the 
70th to 90th percentile. Moreover, in Supplementary Mate-
rial S.5 we visualize the change in MD for a sample simula-
tion for the 70th, 80th and 90th percentile threshold values.

In Fig. 4 we show a horizontal section through the flow 
visualizing the definition of the MD schematically (panel 
a) and for the example of a 3 m-wide rectangular obstacle 
(panel b). For our analysis we use four quantities of the MD: 
(1) the mean streamwise velocity vMD inside the MD, (2) the 
volume VMD of the MD, (3) the length LMD of the MD extent 
in the streamwise direction, and (4) the averaged interpen-
etration �MD of the particles inside the MD.

a c d

b

Fig. 3   Panel  a shows the setup of the compression test, where the 
material (blue particles and contact network) is compressed between 
a wall (red) at the bottom and a clump (gray) at the top. For better 
visibility the particles are not to scale with the sample size. Panel b 
shows two spherical particles with radius rp and interpenetration � . 
Panel c shows a comparison between �n measured at the wall (red), 
at the clump (gray) and inside the granular material (blue), as well 

as the resulting � (green, right y-axis) in the cohesionless case as a 
function of the strain �n . Panel d shows the dependency between the 
normal stress �n in the granular material and the relative interpen-
etration � (bottom x-axis), as well as the macroscopic strain �n (top 
x-axis) for the cohesionless ( �coh = 0.0  kN/m2 , blue) and the cohe-
sive ( �coh = 10.0 kN/m2 , red) case (color figure online)
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As mentioned in Sect. 2.1, we only analyze MD proper-
ties at the last time step of the simulation. This is necessary 
because the vast number of particles and contacts in the sys-
tem lead to large amounts of data, which cannot be stored 
for many time steps for all simulations. In Figs. 8 and 9, 
where we link the impact pressure to the MD properties, we 
consistently report the impact pressure value of the last time 
step of the simulation.

3 � Results

In the following section we first show how the impact pres-
sure depends on the obstacle width and geometry, as well as 
on the cohesion of the granular material. In the same section 
we also compare the extent and the properties of the MD in 
cohesionless flows for different obstacle geometries. There-
after, we show how cohesion affects the granular material 
in the MD and how this is linked to the change in impact 
pressure. Finally, we estimate the impact pressure exerted by 
the cohesionless flow on the obstacles based on the physi-
cal properties of the MD and compare the result with the 
simulated impact pressure.

3.1 � Influence of the obstacle width and geometry 
on the impact pressure and the MD

As described in Sect. 2.2, we study the pressure px contribut-
ing to the impact force in the flow direction. Fig. 5 shows px 
as a function of the obstacle width w for the obstacles with 
a rectangular, circular or triangular cross-section. On the top 
x-axis we indicate the ratio of obstacle width w to particle 
diameter dp . This ratio may be critical for the interaction 

processes when the size of the particle is of the same order 
as the width of the obstacle [1, 30].

In Fig. 5, we observe that the impact pressure px on all 
geometries decreases in a non-linear fashion for increasing 
obstacle width w. The impact pressure is highest on the 
obstacles with the rectangular and circular cross-sections, 
while it is significantly lower on the triangular obstacle. 
In the cohesionless cases the maximum pressure on the 
rectangular and cylindrical obstacles is ∼ 1.3 times higher 
than the pressure on the triangular obstacle. The average 
impact pressure exerted by the v = 3 m/s and h = 2.5 m 
cohesionless flow on all considered obstacle geometries 
lies between 15 kPa and 37 kPa. In the cohesive case 
the pressures on the narrowest w = 0.24 m and the wid-
est w = 6 m obstacle vary considerably: 61 − 137  kPa, 
44 − 116 kPa and 26 − 47 kPa for the rectangular, circu-
lar and triangular cross-sections, respectively. Hence, as 
visualized in Fig. 5d–f for our cohesive scenario where 
�coh = 10.0 kN/m2 , the impact pressure is approximately 
3.7, 3.1 and 1.7 times higher than in the cohesionless case 
for the rectangular, circular and triangular cross-sections, 
respectively. Similarly, the maximum pressure on the rec-
tangular and cylindrical obstacles is ∼ 2.5 times higher 
than the pressure on the triangular obstacle, which is 
higher than the pressure differences between the different 
geometries in the cohesionless case. It is important to note 
that these are approximate average values which vary for 
the different widths, as Fig. 5 clearly shows.

In Fig. 6a–f we visualize the mobilized domains in 
the cohesionless case for all geometries by shadowing 
the region outside the MD with a semi-transparent over-
lay. The white area trailing the black and white hatched 
obstacle cross-section is a particle-free region caused by 

a b

Fn 0 N        40 N       80 N structure  MD outline

x

y

particle    structure   MD outline    LMD

Fig. 4   Panel  a shows a schematic representation of particles (blue) 
interacting with an obstacle (hatched black, not to scale) and the MD 
(red dashed outline and shading). The red arrow shows the length 
LMD of the MD extent in the streamwise direction. Panel b shows the 

MD (red dashed outline) extracted from a simulation of an obstacle 
with a rectangular cross-section of w = 3 m. The coloring of the field 
scales with the normal contact force Fn , which we use to define the 
MD (color figure online)
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the detachment of the flow from the obstacle contour. 
The colored plots show the velocity field (upper half of 
plots) and the contact forces (lower half) in the vicinity 
of the obstacle in a horizontal section at mid-flow depth. 
Panels  a–f therefore show that the MD has a distinct 
shape for all three geometries. The size of the MD scales 
approximately proportionately to the width of the obstacle. 
Moreover, in Fig. 6a–f we demonstrate that the extent of 
the zone influenced by the obstacle is mostly consistent 
between the contact forces and the velocity field.

In the panels g–i of Fig. 6, we show how the physical 
parameters �MD and VMD∕LMD of the MD depend on the 
obstacle width w. We use these quantities in Sect. 3.3 to 
estimate the impact pressure on the obstacle in the cohe-
sionless case.

Figure 6g–i shows that the average particle interpenetration 
�MD inside the MD decreases with increasing obstacle width 
w, similarly to the impact pressure in Fig. 5. Because �MD 
reflects the interpenetration of the particles at the micro scale, 
we use it as an indicator of the compression of the material 
inside the MD. �MD ranges from 0.15 to 0.26 for the rectan-
gular and cylindrical obstacles and from 0.15 to 0.21 for the 
triangular obstacle. Hence, similar to px , �MD is mostly high-
est for the rectangular obstacles, followed by the cylindrical 
obstacles, and is lowest for the triangular obstacles.

The volume-to-length ratio VMD∕LMD is a measure of 
the size of the MD and how far upstream the MD extends 
from the obstacle. VMD∕LMD increases almost linearly with 
obstacle width and levels off slightly for the obstacles 
with w ≥ 3 m. For the 6 m-wide cylindrical and triangular 

obstacles VMD∕LMD is considerably lower than the linear 
trend. The deviation from the linear trend may be a conse-
quence of the MD occupying a large portion of the simula-
tion domain for the widest obstacles with w = 6 m.

The question arises as to whether the simulated MD, as 
well as the link between the MD properties and the pressure 
in the last time step is representative of the temporal evolution 
of these quantities during the simulated time. To that end, we 
compare the temporal evolution of VMD∕LMD and �MD with px 
in Fig. 7. Figure 7 shows the data for the examples of obsta-
cles with w = 1 m impacted by cohesionless flows. For these 
plots we select the same time window as used to average the 
impact pressure for the data shown in Fig. 5.

Although all quantities shown in Fig. 7 exhibit tempo-
ral fluctuations, there is a striking similarity between the 
qualitative temporal evolution of �MD (blue curves) in the 
upper plots and the black curves for px in the lower plots. 
VMD∕LMD , which we interpret as a measure of the spatial 
extent of the MD, also shows mostly good agreement with 
px , except in Fig. 7c and f. There the qualitative behavior 
of �MD and VMD∕LMD are almost inverted, indicating—in 
agreement with Fig. 6g–i—that VMD∕LMD probably plays a 
subordinate role in the impact pressure compared with �MD.

3.2 � Influence of cohesion on the impact pressure 
and the MD

In this section we investigate the difference between 
the MD in the cohesionless ( �coh = 0.0 kN/m2 ) and the 
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Fig. 5   Panels   a, b and c show the impact pressure on obstacles of 
varying widths w with rectangular, circular and triangular cross-sec-
tions, respectively. The blue and red curves show the impact pressure 
exerted by a cohesionless and a cohesive flow, respectively. The top 
x-axis shows the width of the obstacle relative to the particle diam-

eter w∕dp . The error bars indicate the standard deviation from the 
mean value of the pressure. Panels  d, e and f show the impact pres-
sure ratio of cohesive and cohesionless flows on obstacles of vary-
ing widths w with rectangular, circular and triangular cross-sections, 
respectively
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cohesive ( �coh = 10.0 kN/m2 ) case in order to understand 
the pressure difference observed between the two cases. 
In order to investigate the origin of the impact pressure 
increase due to cohesion, here we consider �MD to reflect 
the material compression inside the MD.

Figure 8a–c shows that the relative interpenetrations 
�MD in the cohesive case decrease for obstacles of increas-
ing width, similarly to the cohesionless case already shown 
in Fig. 6g–i. The difference in �MD between the cohesion-
less and the cohesive case is ∼ 4 times larger for the rec-
tangular and cylindrical obstacles than for the triangular 
obstacles and is larger for narrow obstacles w ≤ 1 m than 
for wider obstacles.

In order to estimate how much more stress is trans-
mitted by the cohesive granular material compared with 
the cohesionless flow, we convert the interpenetration in 
the MD to normal stresses �∗

n
(�∗

MD
) and �n(�MD) based on 

the results of the compression tests in Fig. 3d. The pan-
els d–f in Fig. 8 show the ratio of the normal stresses 
�∗
n
(�∗

MD
)∕�n(�MD) . This ratio reflects the stress level inside 

the MD in the cohesive material relative to the cohesion-
less case. While �∗

n
(�∗

MD
)∕�n(�MD) shows a decreasing ten-

dency for obstacles of increasing width, the mean values 
are 3.5, 3.2 and 2.1 for the rectangular, circular and trian-
gular geometries, respectively.

To test how the relative change in the normal stress in 
the MD between the cohesionless and the cohesive case is 

Fig. 6   Analysis of the velocity field, the contact forces and the MD 
in cohesionless flows around the obstacle. The left, middle and right 
columns show the results for the rectangular, circular and triangular 
cross-sections (hatched areas), respectively. Panels a–c and d–f show 
obstacles with width w = 1 m and w = 3 m, respectively. Panels a–f 

show the velocity field in the upper half and the contact forces in the 
lower half. The region outside the MD is shadowed with a semi-trans-
parent overlay. Panels g–i show the physical properties �MD (filled 
symbols, left y-axis) and VMD∕LMD (open symbols, right y-axis) of 
the MD for different obstacle widths w (color figure online)
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Fig. 7   Comparison between time series of VMD∕LMD (red), �MD (blue) (panels a–c) and px (panels d–f). The first, second and third columns show 
the data for the obstacles with rectangular, circular and triangular cross-sections, respectively (color figure online)
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Fig. 8   Influence of cohesion on the contact network inside the 
MD. The open blue symbols and red filled symbols represent data 
from the cohesionless and cohesive cases, respectively. Data for 
the obstacles with rectangular, circular and triangular cross-sec-
tions are shown in the left, middle and right columns, respectively. 
All panels show how the respective quantities vary with the obsta-
cle width w. Panels a–c show the relative particle interpenetrations 

� . Panels d–f show the ratio of the normal stresses in the cohesive 
and cohesionless case �∗

n
(�∗

MD
)∕�n(�MD) . Panels  g–i show a com-

parison between the simulated impact pressure exerted by the cohe-
sive flow and the pressure estimation calculated from the impact 
pressure in the cohesionless case multiplied by the normal stress 
ratio p∗

x,calc
= px �

∗
n
(�∗

MD
)∕�n(�MD) (open red symbols) (color figure 

online)
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related to the difference in impact pressure, we multiply 
the pressure of the cohesionless case px by the normal 
stress ratio �∗

n
(�∗

MD
)∕�n(�MD) . Hence, we calculate the 

estimated impact pressure p∗
x,calc

 of the cohesive scenario 
according to equation (1).

Figure 8g–i shows the estimated impact pressures p∗
x,calc

 for 
all obstacle geometries. From these panels we observe that 
the stress ratios �∗

n
(�∗

MD
)∕�n(�MD) agree well with the impact 

pressure increase due to cohesion.

3.3 � Analytical model to quantitatively link the MD 
properties to the impact pressure

In this section we use the principle of force balance to esti-
mate the impact pressure exerted by cohesionless flows on 
obstacles. To that end, the simulation outcomes (e.g., the 
MD size) are used as inputs to the analytical model. Note 
that for this reason, this model has no predictive capacity. 
The purpose is to highlight the physical link between the 
properties of the MD and the impact pressure.

Similarly to in other studies [16, 17], we divide the impact 
force into a kinetic Fx,k and a gravitational Fx,g contribution. 
Hence, the calculated pressure px is the sum of the two con-
tributions divided by the frontal area Ayz:

The individual contributions are calculated as follows: 

1.	 Kinetic contribution: 

(1)p∗
x,calc

= px �
∗
n
(�∗

MD
)∕�n(�MD)

(2)px,calc = (Fx,k + Fx,g)∕Ayz = px,k + px,g

(3)Fx,k =
1

2
(v2 − v2

MD
)
mMD

LMD

=
�

2
(v2 − v2

MD
)
VMD

LMD

We calculate the kinetic contribution based on 
the change in kinetic energy of the granular mass 
mMD = �VMD , initially travelling at the free flow velocity 
v, which is decelerated to the mean velocity of the par-
ticles in the MD vMD within the streamwise extent LMD 
of the MD, due to the obstacle’s resistance to the flow.

2.	 Gravitational contribution: 

The gravitational contribution is calculated as a hydro-
static-like force increasing with the flow depth squared 
[7]. The factor � = �n(�MD)∕�z reflects the stress con-
centration inside the MD due to the densification of the 
contact network �n(�MD) with respect to the hydrostatic 
stress �z = �gh.

Figure 9a–c shows a comparison of the impact pressures calcu-
lated with equations (3) to (4) and the simulated pressures in the 
cohesionless scenario for all obstacle geometries and widths. 
The shaded areas represent the calculated contributions px,g 
(dark shade of blue) and px,k (light shade of blue), respectively. 
The calculated pressure is the sum of the gravitational and the 
kinetic contribution and is shown by the filled blue symbols.

The calculated impact pressure px,calc shown in Fig. 9 
decreases non-linearly for obstacles of increasing width. 
Hence, it agrees well with the qualitative trend of the simu-
lated impact pressure px,DEM . For all cross-sections the cal-
culation overestimates the simulated impact pressure for the 
narrowest ( w = 0.24 m) and widest obstacles ( w = 6 m). 
The impact pressure on the obstacles of intermediate width 
(0.6 m≤ w ≤ 3 m) is slightly underestimated. For the rec-
tangular and the cylindrical obstacles px,calc is lower than 
px,DEM for the narrow obstacles ( w ≤ 1 m), while it is larger 
for the wide obstacles ( w ≥ 3 m). The average relative error 

(4)Fx,g = �
1

2
�gh2w

Fig. 9   The blue symbols in panels a, b and c show the comparison of 
the calculated impact pressure according to equations (2) to (4) with 
the simulated impact pressure of a cohesionless flow on obstacles of 
varying widths w with a rectangular, circular and triangular cross-

sections, respectively. The top x-axis shows the width of the obstacle 
relative to the particle diameter w∕dp . The dark and light blue shaded 
areas represent the calculated gravitational and kinetic contributions, 
respectively (color figure online)
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between the calculated and the simulated impact pressure is 
7% for all cross-sections.

For all calculations px,g contributes 95% and px,k 5 % to 
the total impact pressure px,calc . This highlights that, for the 
present case where Fr = 0.61 , both contributions are present 
and the gravitational contribution is considerably larger than 
the kinetic contribution. While px,k is almost constant for all 
widths and geometries, px,g varies similarly to the simulated 
impact pressure px,DEM.

4 � Discussion

4.1 � Physical processes governing the flow–obstacle 
interaction and impact pressure for varying 
obstacle geometries

The simulated impact pressure shown in sSect. 3.1 is in 
agreement with previous research showing that the pressure 
on obstacles offering high resistance to the flow is higher 
than for pointed obstacles [18, 31]. In [20], we performed a 
study on the avalanche pressure on a particular geometry of 
an existing instrumented steel pylon [32], and we concluded 
that the size of the MD and the resulting impact pressure 
build-up depends on the obstacle geometry. The evident 
variation in MD size in Fig. 6 and the impact pressure in 
Fig. 5 for the differing obstacle geometries and widths con-
firms this dependency. The linearly increasing trend of the 
MD size parameter VMD∕LMD for obstacles with increasing 
width for w < 6 m is consistent with the result in Fig. 8a in 
[16]. Faug [16] reports that a linear increase of the MD’s 
typical length scale is a robust feature appearing in a num-
ber of experimental and numerical studies on the impact of 
granular flows on obstacles.

Interestingly, we find that the average pressure px on the 
obstacle decreases non-linearly for obstacles of increasing 
width w. This phenomenon is known to occur with creeping 
snow and granular snow avalanches [28, 33]. Studies on the 
relative motion of intruders in dense granular materials at 
low Fr often report the drag force on the intruder. In these 
cases the drag force increases with the size of the intruder 
[10, 30, 34]. However, if the data from these studies is ana-
lyzed with respect to the pressure rather than the force, the 
trend of decreasing impact pressure for increasing intruder 
size is confirmed (Supplementary Material S.6).

A tentative explanation for the decreasing pressure on 
obstacles of increasing width can be given for the obstacles 
with rectangular cross-sections. Figure 4 b demonstrates 
shows that an arch of strong contact forces forms upstream 
of the edge facing the flow, especially for wide obstacles 
w ≳ 1 m with rectangular cross-sections. Hence, the middle 
part of the obstacle is largely sheltered from the impact of 
the incoming flow by the arch. However, this fails to explain 

the decrease in impact pressure on the circular and triangular 
cross-sections of increasing width, because the formation of 
the arch is not evident, e.g. in Fig. 6e–f.

More comprehensively, for varying obstacle widths of 
all cross-sections, the particle interpenetrations in MD 
(Fig. 6g–i) and the impact pressure (Fig. 5) qualitatively 
show a high degree of similarity. This suggests that the 
impact pressure is governed by the compression state of the 
granular material inside the MD. In the MD of the narrow 
obstacles the particles are jammed closer together than in 
the MD of the wider obstacles. From the compression test 
in Fig. 3d we learn that increasing �MD leads to an increased 
stress level in the granular material, resulting in a higher 
pressure on the obstacle. In the absence of rigorous evi-
dence, we speculate that �MD is lower for wide obstacles 
because of the higher shearing of the material, which is 
necessary for the particles to travel around the obstacle. 
This causes higher shear dilation and leads to a looser pack-
ing of the particles in the MD of wide obstacles. This is 
consistent with the finding of Seguin et al. [29], who show 
that although the material inside the MD is almost stagnant, 
zones of high shear and dilation are located in the vicinity 
of the upstream boundary of the obstacle.

As shown in Fig. 6g–i, we identify the varying degrees 
of material compression in the MD �MD as the predominant 
origin of the differing impact pressure on the three geom-
etries. Obstacles offering high resistance to the flow, such as 
the rectangular and circular cross-section in Fig. 6g and h, 
cause the granular material to jam upstream, which leads to 
high �MD . Pointed obstacles, such as the triangular cross-
section in Fig. 6i, tend to deflect the flowing material with-
out causing particle jamming. This leads to lower �MD and 
consequentially to lower impact pressure.

Hence, in our results we can consistently correlate �MD 
to the impact pressure on obstacles of varying geometry 
and width. This provides further evidence supporting the 
assumption of Chehata et al. [8] that the “granular drag must 
result from the compressive stresses acting on the upstream 
stagnation region”.

As shown in Figs. 6, 8 and 9, we are able to show that 
the instantaneous impact pressure and MD properties at 
the last simulation time step correlate for various obstacle 
geometries, for cohesive and cohesionless flows. Figure 7 
confirms for three example simulations that the instantane-
ous impact pressure and MD properties also correlate for 
most points in time in the simulated flow. Hence, as the flow 
characteristics of real avalanches and other gravity-driven 
granular flows evolve over time, we are confident that the 
link between the instantaneous MD properties and impact 
pressure is still valid for subcritical granular dense flows 
interacting with obstacles. When considering applications 
to structural engineering, note that real-world scenarios 
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may deviate substantially from the steady subcritical granu-
lar dense flow considered here. Among other things initial 
impact or large material accumulations upstream of the 
obstacles may critically damage the obstacle.

4.2 � Influence of cohesion on the flow–obstacle 
interaction processes

The results displayed in Fig. 5 confirm previous research 
that a cohesive flowing granular material exerts significantly 
more pressure than the same material without cohesion [14, 
20]. Indeed, in a previous study we found a scaling (see 
Supplementary Material S.7) for the pressure increase due 
to cohesion, relating the impact pressure increase to the ratio 
of Fr and the Bond number Bo, where Bo is the cohesive 
strength �coh normalized by the vertical stress inside the 
granular material [20]. When evaluating the scaling for the 
Froude and Bond numbers in the present study, we calcu-
late a pressure increase factor of ∼ 2.3 . Considering that 
the impact pressure increase due to cohesion may vary as a 
result of differing obstacle geometries, this is in the range 
of impact pressure increase factors of 1.7–3.7, as observed 
in Fig. 5.

In Fig. 8a–c, we observe that in the cohesive case the 
particle interpenetration �MD in the MD is larger than in 
the cohesionless case. We assume that a higher �MD arises 
because the cohesive granular material sustains more load-
ing from the upstream flow before rearrangements of the 
force chains within the granular material allow the parti-
cles to flow around the obstacle. On the particle scale the 
force chain rearrangement is inhibited by the cohesive bonds 
connecting the particles. Similarly to the increase in impact 
pressure (Fig. 5) due to cohesion, we also observe a greater 
increase in particle interpenetration �MD for the rectangular 
and cylindrical obstacles than for the triangular obstacle.

Using �MD and the compression tests (Fig. 3d), we cal-
culate the ratio of the stress inside the granular material in 
the cohesive and cohesionless cases (Fig. 8d–f). Based on 
the analysis of the cohesionless flows (Sect. 4.1), we suspect 
that the pressure increase due to cohesion also originates 
from the jammed material state inside the MD. Hence, mul-
tiplying this ratio by the impact pressure of the cohesionless 
scenario according to equation (1) gives us an estimate of 
the impact pressure increase due to cohesion. A compari-
son between the simulated impact pressure p∗

x
 and p∗

x,calc
 in 

Fig. 8g–i shows that the factor �∗
n
(�∗

MD
)∕�n(�MD) mostly 

reproduces the pressure increase due to cohesion for most 
of the obstacles of differing widths and geometries. The 
small deviations between the simulated and the estimated 
cohesive impact pressure may be caused by secondary pro-
cesses which do not scale proportionally with the width of 
the obstacle, such as the arch formation for the rectangular 
obstacles mentioned in Sect. 4.

Nevertheless, the good agreement between p∗
x
 and p∗

x,calc
 

indicates that the pressure increase is a direct consequence 
of the enhanced stress transmission between cohesive parti-
cles compared with cohesionless particles.

The fact that �∗
n
(�∗

MD
)∕�n(�MD) varies for the different 

geometries highlights that the pressure increase due to cohe-
sion depends not only on cohesion itself, but also on the 
obstacle geometry. We conclude that, the force transmission 
through the cohesive force chains is more efficient if the 
cohesion increases and, similar to the cohesionless case, if 
the flow impacts the obstacle surface at a right angle.

4.3 � Analytical model to quantitatively link the MD 
properties to the impact pressure

In order to establish a quantitative link between the MD 
and the impact pressure, we estimate the pressure based 
on the MD properties using an analytical model. Because 
estimating the MD properties is no less complex than deter-
mining the impact pressure itself, the model is descriptive 
rather than predictive. We model the impact pressure in the 
cohesionless case as the sum of a kinetic and a gravitational 
contribution, as suggested by previous studies [16, 17]. The 
results of Sect. 3.3 show that the pressure estimated with the 
two contributions (equations (2) to (4)) mostly reproduces 
the simulated impact pressure of the cohesionless scenario. 
The average relative error of the calculated pressure is 7% 
compared with the simulated pressure px,DEM . Hence, the 
qualitative agreement of the calculated and the simulated 
impact pressure highlights again that the geometrical prop-
erties of the MD and the physical material properties within 
the domain govern the pressure on the obstacle. Further-
more, the agreement also indicates that a model consid-
ering a kinetic Fx,k and a gravitational Fx,g contribution is 
able to capture the main physical processes involved in the 
flow–obstacle interaction.

In literature the kinetic contribution Fx,k of the drag 
force is often calculated using the empirical drag coeffi-
cient CD . Previous studies suggest that CD can be divided 
into a flow regime and a part that is dependent on structure 
geometry [18, 35, 36]. In equation (3) it is the material’s 
deceleration v2 − v2

MD
 that accounts for the influence of 

geometry. For example, due to its shape with the wedge 
facing the flow, the flowing material is more deflected 
than decelerated in the case of the triangular obstacle 
compared with e.g. the rectangular cross-sections. This 
leads to a smaller velocity difference v2 − v2

MD
 for the tri-

angular cross-section. This trend is analogous to the CD 
values usually reported in the literature, which are higher 
for the rectangular cross-section than for the triangular 
cross-section [37, 38].
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The ratio of the MD volume and length, VMD∕LMD , has 
the dimensions of an area and accounts for the size and the 
shape of the MD. In [20] we show that the shape and size 
of the MD is mainly controlled by Fr. Hence, we interpret 
the factor VMD∕LMD as the part of the drag coefficient that 
is dependent on the flow regime.

For the gravitational Fx,g contribution, in their seminal 
article Albert et al. [7] introduce a proportionality factor 
that accounts for the particle properties. In equation (4) we 
define an analogous factor � . In our formulation, however, 
the factor is defined as the ratio of the normal contact 
stresses derived from the particle interpenetration �n(�MD) 
and the theoretical hydrostatic stress �z . � therefore con-
siders the compressive behavior of the material inside the 
MD, which governs the impact pressure due to build-up 
of the MD.

In our flow scenario with Fr = 0.61 , we find that the 
calculated pressure is composed of 95 % gravitational and 
5 % kinetic contributions. This agrees with the observa-
tion of Faug [16] that for a wide range of Froude num-
bers, 0.1 ≲ Fr ≲ 10 , both the kinetic and the gravitational 
contribution of the impact pressure are present. At low 
velocities the dominance of the gravitational pressure 
contribution is probably responsible for the fact that the 
pressure is often observed to be independent of the veloc-
ity in this range of low Fr [2, 7]. The kinetic contribution 
increases quadratically with increasing speed and conse-
quentially outweighs the gravitational contribution only at 
higher velocities. When Fr becomes supercritical, the MD 
changes substantially from the rounded shapes in Fig. 6 to 
a bow shock [20, 39, 40]. Hence, it is not clear whether the 
interaction processes and the analytical model presented 
in this study still hold in the supercritical regime. Similar 
to what is observed in real experiments, the impact pres-
sure contributions in DEM simulations cannot be identi-
fied individually. Simulations with higher flow velocities, 
where the kinetic contribution is dominant, could help to 
determine whether the kinetic contribution is adequately 
accounted for in our model.

Figure  9 shows that the calculated impact pressure 
px,calc overestimates the simulated impact pressure of the 
obstacles with w = 0.24 m and w = 6 m, while the pressure 
on the obstacles of intermediate width 0.6 m ≤ w ≤ 3 m is 
underestimated. This difference probably arises because 
of the varying proportion between the size of the whole 
simulation domain and the area occupied by the obstacle. 
Although we only consider a fraction of the domain for 
the MD threshold calculation, to keep the ratio between 
the considered domain size and varying obstacle sizes 
constant (Supplementary Material S.4), the error persists. 
The error could probably be reduced more efficiently by 
increasing the size of the simulation domain, which is 

currently not possible with the computational resources 
available.

4.4 � Limitations

Although we are able to find good agreement between the 
simulated and the estimated pressure using the MD prop-
erties, we identify three main limitations of the present 
analysis.

First, as described in Sect. 2.5, we use a percentile thresh-
old of the normal contact forces to identify the MD, which 
is the basis for our results. We perform a sensitivity analysis 
(Supplementary Material S.4) and show that our results do 
not crucially depend on the threshold value within the range 
of the 70th to 90th percentile. Nevertheless, the deviations 
between the simulated and calculated impact pressure, as 
well as the deviation from the linear trend of VMD∕LMD for 
w = 6 m in Fig. 6g–i show the limitations of our approach, 
as the MD identification is delicate. Hence, in the future it 
would be preferable to establish a threshold based on the 
physical properties of the material surrounding the MD to 
distinguish the MD from the rest of the flow domain. In 
order to achieve this, various variables can be considered 
potential candidates for identifying the MD or may be linked 
to the impact pressure, such as shear force, shear rate, bulk 
density, coordination number, velocity [8, 18], and stress 
anisotropy [41]. After testing a number of variables, we con-
clude that, among these variables, � allows us to make the 
most comprehensive analysis.

Second, the computational resources needed for the DEM 
simulations are considerable. We cut computational costs 
by only simulating an isolated volume of granular material 
interacting with the obstacle for a relatively short period of 
a few seconds (Sect. 2.1). This implies that: (1) we neglect 
small perturbations in the far-field and only consider strong 
disturbances in the flow close to the obstacle, and (2) we 
work on mesoscopic timescales, which are longer than the 
time of readjustment of particle network, but potentially 
shorter than the time of evolution of the granular avalanche. 
The time scales of the granular flow vary because real geo-
physical flows vary in size and are highly non-stationary 
processes, where often the flow height, flow velocity, the 
material composition etc, changes before a steady-state is 
reached. Hence, while at the mesoscopic timescales of our 
simulations we can neglect acceleration terms in the force 
balance because the flow is almost in a steady state, this does 
not imply that the whole flow has reached a steady state. The 
simulations show that the MD of wide obstacles in cohesive 
flows takes longer to establish compared with the MD of 
narrow obstacles in cohesionless flows. Hence, in the case 
of narrow obstacles with w ≤ 1 m, we are confident that a 
steady state impact force is reached within our simulations. 
For the interaction of wide obstacles and cohesive flows, 
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even longer simulations are needed to confirm that the pres-
sure does not change significantly anymore. Therefore, the 
pressure difference between the narrow and wide obstacles 
may be slightly overestimated here. However, the trend of 
decreasing average impact pressure on obstacles of increas-
ing width has also been found in other studies (Supplemen-
tary Material S.6) and is therefore not an artefact of our 
numerical procedure. Moreover, in Sect. 3.3 we estimate the 
impact pressure based on the instantaneous MD properties 
and compare it to the impact pressure at the same time step. 
Hence, even when a steady state is not reached, the good 
agreement of the estimated and simulated pressure in the 
last simulation time step in Fig. 9 highlights once more how 
crucially the impact pressure is linked to the instantaneous 
physical properties of the MD.

Third, in the present analysis we simulate a granular 
material consisting of soft grains by using a low particle 
Young’s modulus E. Using a low E allows for large par-
ticle compression and thereby makes it possible to mimic 
the characteristics of snow aggregates in avalanches. The 
relevance of the model parameters and contact properties, 
such as the particle Young’s modulus E, have to be reviewed 
carefully when considering different granular materials or 
applications.

In snow avalanches the characteristics of the aggregates 
are assumed to depend on changing snow quality and inter-
actions between aggregates leading to fracturing or fur-
ther aggregation (e.g., [26, 42]). This may suggest that the 
Young’s modulus of the aggregates strongly depends on the 
snow type. However, in the absence of rigorous measure-
ments of the aggregates’ mechanical properties in flowing 
avalanches, we chose a value of E = 105 Pa, which is at the 
lower range of measured values for snow. Using this fixed 
value for E, we calibrated the other model parameters and 
successfully validated the model [20]. Moreover, in the Sup-
plementary Material S.2, we present a detailed analysis of 
how varying E influences the results of our study. It is noted 
in particular that the choice of the elastic modulus has very 
little influence on the impact pressure, which further sup-
ports our choice.

5 � Conclusions

In this study, we demonstrate that the non-linear decrease 
in the impact pressure on obstacles of increasing width is 
linked to the compression of the granular material consist-
ing of soft particles. Our results indicate that the particle 
interpenetration �MD inside the MD decreases in a similar 
fashion as the impact pressure on obstacles for increasing w. 
Furthermore, we show that the stress ratio of the cohesive to 
the cohesionless case �∗

n
(�MD)∕�n(�MD) agrees well with the 

increase in the average impact pressure due to cohesion for 

different obstacle geometries. Hence, we identify two main 
mechanisms causing the pressure increase due to cohesion. 
First, the particle interpenetration �MD and thus the material 
compression in the MD is higher than in the cohesionless 
case, probably because the cohesive bonds inhibit the rear-
rangement of force chains and thus the particle flow around 
the obstacle. Second, the force transmission between the 
particles is higher than in the cohesionless case because the 
particles are connected more rigidly through the cohesive 
bond (Fig. 3). The analysis also shows that further processes 
might be present but play a subordinate role to the two pro-
cesses mentioned above.

Finally, we estimate the impact pressure in the cohe-
sionless case based on the MD properties and considering 
a kinetic and a gravitational contribution. The agreement 
of the calculated and the simulated impact pressure values 
provides a further indication that the MD fundamentally 
governs the pressure on the obstacle [8, 16].

By calculating the pressure of a cohesionless and cohe-
sive granular flow impacting an obstacle using the physi-
cal properties of the MD, we show that the impact pressure 
exerted by a subcritical flow on an obstacle is quantitatively 
linked to the physical properties of the MD. The calculations 
highlight that the jamming and compression of the material 
inside the MD govern the pressure build-up on the obstacle.

We identify limitations of our model linked to the com-
putational cost of the simulations and the MD identification. 
Nonetheless, in the future the presented method could help 
to estimate impact pressures on obstacles based on the jam-
ming of the granular material predicted for specific geom-
etries and using compression tests.

Supplementary Information  The online version contains supplemen-
tary material available at https://​doi.​org/​10.​1007/​s10035-​021-​01196-1.

Acknowledgements  Michael Kyburz, Betty Sovilla and Christophe 
Ancey acknowledge the Swiss National Science Foundation for fund-
ing this project “Pressure on obstacles induced by granular snow ava-
lanches” (Grant No. 200021_169640). Johan Gaume acknowledges 
financial support from the Swiss National Science Foundation (Grant 
No. PCEFP2_181227). The Supplementary Material and the code to 
be used with the Itasca PFC3D software to reproduce the data pre-
sented in this paper are available in the open access data repository 
Zenodo, which is financed by the Horizon 2020 project OpenAIRE and 
hosted by CERN. The associated entry can be accessed via Kyburz M., 
Sovilla, B., Gaume J., & Ancey C. (2022). The concept of the mobi-
lized domain: how it can explain and predict the forces exerted by a 
cohesive granular avalanche on an obstacle [Supplementary Material]. 
Zenodo. https://doi.org/10.5281/zenodo.4079357.

We acknowledge the efforts made by the editor François Nicot and 
four anonymous reviewers, for their constructive comments, which 
helped to improve the manuscript. We appreciate the quick and diligent 
language editing by Melissa Dawes.

Author Contributions  MLK: Development of the simulation 
setup, manuscript main author; BS: Funding acquisition, project 

https://doi.org/10.1007/s10035-021-01196-1


	 M. L. Kyburz et al.

1 3

45  Page 16 of 17

conceptualization, scientific feedback, manuscript revision; JG and 
CA: Support, scientific feedback, manuscript revision.

Funding  SNSF Grant No. 200021_169640 and Grant No. 
PCEFP2_181227.

Data availability  https://doi.org/10.5281/zenodo.4079357.

Declarations 

Conflict of interest  The authors declare that they have no conflict of 
interest.

Code availability  https://doi.org/10.5281/zenodo.4079357.

Open Access  This article is licensed under a Creative Commons Attri-
bution 4.0 International License, which permits use, sharing, adapta-
tion, distribution and reproduction in any medium or format, as long 
as you give appropriate credit to the original author(s) and the source, 
provide a link to the Creative Commons licence, and indicate if changes 
were made. The images or other third party material in this article are 
included in the article's Creative Commons licence, unless indicated 
otherwise in a credit line to the material. If material is not included in 
the article's Creative Commons licence and your intended use is not 
permitted by statutory regulation or exceeds the permitted use, you will 
need to obtain permission directly from the copyright holder. To view a 
copy of this licence, visit http://​creat​iveco​mmons.​org/​licen​ses/​by/4.​0/.

References

	 1.	 Takada, S., Hayakawa, H.: Drag acting on an intruder in a three-
dimensional granular environment. Gran. Mat. 22(1), 6 (2020). 
https://​doi.​org/​10.​1007/​s10035-​019-​0973-8

	 2.	 Wieghardt, K.: Experiments in granular flow. Annu. Rev. Fluid 
Mech. 7(1), 89 (1975). https://​doi.​org/​10.​1146/​annur​ev.​fl.​07.​
010175.​000513

	 3.	 van der Meer, D.: Impact on granular beds. Annu. Rev. Fluid 
Mech. 49(1), 463 (2017). https://​doi.​org/​10.​1146/​annur​
ev-​fluid-​010816-​060213

	 4.	 Iverson, R.M.: The physics of debris flows. Rev. Geophys. 35(3), 
245 (1997). https://​doi.​org/​10.​1029/​97RG0​0426

	 5.	 Hutter, K.: Geophysical granular and particle-laden flows: review 
of the field. Philos. Trans. R. Soc. A 363(1832), 1497 (2005). 
https://​doi.​org/​10.​1098/​rsta.​2005.​1591

	 6.	 Sovilla, B., Schaer, M., Kern, M., Bartelt, P.: Impact pressures and 
flow regimes in dense snow avalanches observed at the Vallée de 
la Sionne test site. J. Geophys. Res. Earth. Surf. (2008). https://​
doi.​org/​10.​1029/​2006J​F0006​88

	 7.	 Albert, R., Pfeifer, M., Barabasi, A.L., Schiffer, P.: Slow drag in 
a granular medium. Phys. Rev. Lett. 82, 205 (1999). https://​doi.​
org/​10.​1103/​PhysR​evLett.​82.​205

	 8.	 Chehata, D., Zenit, R., Wassgren, C.R.: Dense granular flow 
around an immersed cylinder. Phys. Fluids 15(6), 1622 (2003). 
https://​doi.​org/​10.​1063/1.​15718​26

	 9.	 Zhou, F., Advani, S.G., Wetzel, E.D.: Simulation of slowly drag-
ging a cylinder through a confined pressurized bed of granular 
materials using the discrete element method. Phys. Fluids 19(1), 
013301 (2007). https://​doi.​org/​10.​1063/1.​24337​38

	10.	 Hilton, J.E., Tordesillas, A.: Drag force on a spherical intruder 
in a granular bed at low froude number. Phys. Rev. E 88, 062203 
(2013). https://​doi.​org/​10.​1103/​PhysR​evE.​88.​062203

	11.	 Albert, I., Tegzes, P., Kahng, B., Albert, R., Sample, J.G., Pfeifer, 
M., Barabási, A.L., Vicsek, T., Schiffer, P.: Jamming and fluctua-
tions in granular drag. Phys. Rev. Lett. 84, 5122 (2000). https://​
doi.​org/​10.​1103/​PhysR​evLett.​84.​5122

	12.	 Geng, J., Behringer, R.P.: Slow drag in two-dimensional granular 
media. Phys. Rev. E 71, 011302 (2005). https://​doi.​org/​10.​1103/​
PhysR​evE.​71.​011302

	13.	 Rognon, P.G., Roux, J.N., Naaïm, M., Chevoir, F.: Dense flows of 
cohesive granular materials. J. Fluid Mech. 596, 21 (2008). https://​
doi.​org/​10.​1017/​S0022​11200​70093​29

	14.	 Favier, L., Daudon, D., Donzé, F.V.: Rigid obstacle impacted by 
a supercritical cohesive granular flow using a 3d discrete element 
model. Cold Reg. Sci. Tech. 85, 232 (2013). https://​doi.​org/​10.​
1016/j.​coldr​egions.​2012.​09.​010

	15.	 Thibert E., Faug T., Bellot H., Baroudi D., in ISSW, Grenoble–
Chamonix, France 2013) pp. 663–667. https://​arc.​lib.​monta​na.​
edu/​snow-​scien​ce/​objec​ts/​ISSW13_​paper_​P2-​35.​pdf

	16.	 Faug, T.: Macroscopic force experienced by extended objects in 
granular flows over a very broad froude-number range. Eur. Phys. 
J. E 38(5), 34 (2015). https://​doi.​org/​10.​1140/​epje/​i2015-​15034-3

	17.	 Sovilla, B., Faug, T., Köhler, A., Baroudi, D., Fischer, J.T., Thib-
ert, E.: Gravitational wet avalanche pressure on pylon-like struc-
tures. Cold Reg. Sci. Tech. 126(Supplement C), 66 (2016). https://​
doi.​org/​10.​1016/j.​coldr​egions.​2016.​03.​002

	18.	 Favier, L., Daudon, D., Donzé, F.V., Mazars, J.: Predicting the 
drag coefficient of a granular flow using the discrete element 
method. J. Stat. Mech. Theory Exp. 2009(06), P06012 (2009). 
https://​doi.​org/​10.​1088/​1742-​5468/​2009/​06/​P06012

	19.	 Cundall, P.A., Strack, O.D.L.: A discrete numerical model for 
granular assemblies. Géotechnique 29(1), 47 (1979). https://​doi.​
org/​10.​1680/​geot.​1979.​29.1.​47

	20.	 Kyburz, M.L., Sovilla, B., Gaume, J., Ancey, C.: Decoupling the 
role of inertia, friction, and cohesion in dense granular avalanche 
pressure build-up on obstacles. J. Geophys. Res. Earth. Surf. 
125(2), e2019JF005192 (2020). https://​doi.​org/​10.​1029/​2019J​
F0051​92

	21.	 Sovilla, B., Schaer, M., Rammer, L.: Measurements and analysis 
of full-scale avalanche impact pressure at the Vallée de la Sionne 
test site. Cold Reg. Sci. Tech. 51(2), 122 (2008). https://​doi.​org/​
10.​1016/j.​coldr​egions.​2007.​05.​006

	22.	 Potyondy, D., Cundall, P.: A bonded-particle model for rock. Int. 
J. Rock Mech. Min. Sci. 41(8), 1329 (2004). https://​doi.​org/​10.​
1016/j.​ijrmms.​2004.​09.​011

	23.	 Butlanska, J., Arroyo, M., Gens, A.: Homogeneity and symmetry 
in DEM models of cone penetration. AIP Conf. Proc. 1145(1), 425 
(2009). https://​doi.​org/​10.​1063/1.​31799​52

	24.	 Kang, C., Chan, D.: Numerical simulation of 2D granular flow 
entrainment using DEM. Gran. Mat. 20(1), 13 (2018). https://​doi.​
org/​10.​1007/​s10035-​017-​0782-x

	25.	 Gaume, J., van Herwijnen, A., Chambon, G., Birkeland, K.W., 
Schweizer, J.: Modeling of crack propagation in weak snowpack 
layers using the discrete element method. The Cryosphere 9(5), 
1915 (2015). https://​doi.​org/​10.​5194/​tc-9-​1915-​2015

	26.	 Steinkogler, W., Gaume, J., Löwe, H., Sovilla, B., Lehning, M.: 
Granulation of snow: from tumbler experiments to discrete ele-
ment simulations. J. Geophys. Res. Earth. Surf. 120(6), 1107 
(2015). https://​doi.​org/​10.​1002/​2014J​F0032​94

	27.	 Bobillier, G., Bergfeld, B., Capelli, A., Dual, J., Gaume, J., van 
Herwijnen, A., Schweizer, J.: Micromechanical modeling of snow 
failure. The Cryosphere 14(1), 39 (2020). https://​doi.​org/​10.​5194/​
tc-​14-​39-​2020

http://creativecommons.org/licenses/by/4.0/
https://doi.org/10.1007/s10035-019-0973-8
https://doi.org/10.1146/annurev.fl.07.010175.000513
https://doi.org/10.1146/annurev.fl.07.010175.000513
https://doi.org/10.1146/annurev-fluid-010816-060213
https://doi.org/10.1146/annurev-fluid-010816-060213
https://doi.org/10.1029/97RG00426
https://doi.org/10.1098/rsta.2005.1591
https://doi.org/10.1029/2006JF000688
https://doi.org/10.1029/2006JF000688
https://doi.org/10.1103/PhysRevLett.82.205
https://doi.org/10.1103/PhysRevLett.82.205
https://doi.org/10.1063/1.1571826
https://doi.org/10.1063/1.2433738
https://doi.org/10.1103/PhysRevE.88.062203
https://doi.org/10.1103/PhysRevLett.84.5122
https://doi.org/10.1103/PhysRevLett.84.5122
https://doi.org/10.1103/PhysRevE.71.011302
https://doi.org/10.1103/PhysRevE.71.011302
https://doi.org/10.1017/S0022112007009329
https://doi.org/10.1017/S0022112007009329
https://doi.org/10.1016/j.coldregions.2012.09.010
https://doi.org/10.1016/j.coldregions.2012.09.010
https://arc.lib.montana.edu/snow-science/objects/ISSW13_paper_P2-35.pdf
https://arc.lib.montana.edu/snow-science/objects/ISSW13_paper_P2-35.pdf
https://doi.org/10.1140/epje/i2015-15034-3
https://doi.org/10.1016/j.coldregions.2016.03.002
https://doi.org/10.1016/j.coldregions.2016.03.002
https://doi.org/10.1088/1742-5468/2009/06/P06012
https://doi.org/10.1680/geot.1979.29.1.47
https://doi.org/10.1680/geot.1979.29.1.47
https://doi.org/10.1029/2019JF005192
https://doi.org/10.1029/2019JF005192
https://doi.org/10.1016/j.coldregions.2007.05.006
https://doi.org/10.1016/j.coldregions.2007.05.006
https://doi.org/10.1016/j.ijrmms.2004.09.011
https://doi.org/10.1016/j.ijrmms.2004.09.011
https://doi.org/10.1063/1.3179952
https://doi.org/10.1007/s10035-017-0782-x
https://doi.org/10.1007/s10035-017-0782-x
https://doi.org/10.5194/tc-9-1915-2015
https://doi.org/10.1002/2014JF003294
https://doi.org/10.5194/tc-14-39-2020
https://doi.org/10.5194/tc-14-39-2020


The concept of the mobilized domain: how it can explain and predict the forces exerted by a cohesive…

1 3

Page 17 of 17  45

	28.	 Haefeli R.: Schnee, Lawinen, Firn und Gletscher in Ingenieur-
geologie: Ein Handbuch für Studium und Praxis pp. 663–735. 
Springer, Vienna (1948)

	29.	 Seguin, A., Coulais, C., Martinez, F., Bertho, Y., Gondret, P.: 
Local rheological measurements in the granular flow around an 
intruder. Phys. Rev. E 93, 012904 (2016). https://​doi.​org/​10.​1103/​
PhysR​evE.​93.​012904

	30.	 Kumar S., Anki Reddy K., Takada S., Hayakawa H.: Scaling law 
of the drag force in dense granular media. arXiv e-prints arXiv:​
1712.​09057 (2017)

	31.	 Albert, I., Sample, J.G., Morss, A.J., Rajagopalan, S., Barabási, 
A.L., Schiffer, P.: Granular drag on a discrete object: Shape effects 
on jamming. Phys. Rev. E 64, 061303 (2001). https://​doi.​org/​10.​
1103/​PhysR​evE.​64.​061303

	32.	 Sovilla, B., Kern, M., Schaer, M.: Slow drag in wet-snow ava-
lanche flow. J. Glaciol. 56(198), 587 (2010). https://​doi.​org/​10.​
3189/​00221​43107​93146​287

	33.	 Margreth, S.: Snow pressure on cableway masts: analysis of dam-
ages and design approach. Cold Reg. Sci. Tech. 47(1), 4 (2007). 
https://​doi.​org/​10.​1016/j.​coldr​egions.​2006.​08.​020

	34.	 Panaitescu, A., Clotet, X., Kudrolli, A.: Drag law for an intruder 
in granular sediments. Phys. Rev. E 95, 032901 (2017). https://​
doi.​org/​10.​1103/​PhysR​evE.​95.​032901

	35.	 Wassgren, C.R., Cordova, J.A., Zenit, R., Karion, A.: Dilute gran-
ular flow around an immersed cylinder. Phys. Fluids 15(11), 3318 
(2003). https://​doi.​org/​10.​1063/1.​16089​37

	36.	 Thibert, E., Baroudi, D., Limam, A., Berthet-Rambaud, P.: Ava-
lanche impact pressure on an instrumented structure. Cold Reg. 
Sci. Tech. 54(3), 206 (2008). https://​doi.​org/​10.​1016/j.​coldr​
egions.​2008.​01.​005

	37.	 Favier, L., Daudon, D., Donzé, F., Mazars, J.: Discrete element 
modelling to compute drag coefficients of obstacles impacted by 
granular flows, pp. 500–504. In: Proceedings of the International 
Snow Science Workshop, Davos pp (2009)

	38.	 Sauermoser S., Granig M., Kleemayr K., Margreth S.: Grund-
lagen und Modelle der Lawinendynamik und Lawinenwirkung 
in Handbuch Technischer Lawinenschutz chap. 4, pp. 63–101. 
Wiley-Blackwell (2012)

	39.	 Hauksson, S., Pagliardi, M., Barbolini, M., Jóhannesson, T.: Labo-
ratory measurements of impact forces of supercritical granular 
flow against mast-like obstacles. Cold Reg. Sci. Tech. 49(1), 54 
(2007). https://​doi.​org/​10.​1016/j.​coldr​egions.​2007.​01.​007

	40.	 Cui, X., Gray, J.M.N.T.: Gravity-driven granular free-surface flow 
around a circular cylinder. J. Fluid Mech. 720, 314–337 (2013). 
https://​doi.​org/​10.​1017/​jfm.​2013.​42

	41.	 Chung, Y., Wu, C., Kuo, C., Hsiau, S.: A rapid granular chute 
avalanche impinging on a small fixed obstacle: DEM modeling, 
experimental validation and exploration of granular stress. Appl. 
Math. Model. 74, 540 (2019). https://​doi.​org/​10.​1016/j.​apm.​2019.​
05.​003

	42.	 Mellor M., in Rockslides and Avalanches, 1, Developments in 
Geotechnical Engineering, vol. 14, ed. by VOIGHT B. Elsevier 
(1978) pp. 753–792. https://​doi.​org/​10.​1016/​B978-0-​444-​41507-
3.​50031-3. http://​www.​scien​cedir​ect.​com/​scien​ce/​artic​le/​pii/​
B9780​44441​50735​00313

Publisher's Note  Springer Nature remains neutral with regard to 
jurisdictional claims in published maps and institutional affiliations.

https://doi.org/10.1103/PhysRevE.93.012904
https://doi.org/10.1103/PhysRevE.93.012904
http://arxiv.org/abs/1712.09057
http://arxiv.org/abs/1712.09057
https://doi.org/10.1103/PhysRevE.64.061303
https://doi.org/10.1103/PhysRevE.64.061303
https://doi.org/10.3189/002214310793146287
https://doi.org/10.3189/002214310793146287
https://doi.org/10.1016/j.coldregions.2006.08.020
https://doi.org/10.1103/PhysRevE.95.032901
https://doi.org/10.1103/PhysRevE.95.032901
https://doi.org/10.1063/1.1608937
https://doi.org/10.1016/j.coldregions.2008.01.005
https://doi.org/10.1016/j.coldregions.2008.01.005
https://doi.org/10.1016/j.coldregions.2007.01.007
https://doi.org/10.1017/jfm.2013.42
https://doi.org/10.1016/j.apm.2019.05.003
https://doi.org/10.1016/j.apm.2019.05.003
https://doi.org/10.1016/B978-0-444-41507-3.50031-3
https://doi.org/10.1016/B978-0-444-41507-3.50031-3
http://www.sciencedirect.com/science/article/pii/B9780444415073500313
http://www.sciencedirect.com/science/article/pii/B9780444415073500313

