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Abstract. When viscoelastic bulk phases are sheared, the deformation
of the sample induces not only shear stresses, but also normal stresses.
This is a well known and well understood eﬀect, that leads to phenomena such as rod climbing, when such phases are stirred with an
overhead stirrer, or to die swell in extrusion. Viscoelastic interfaces
share many commonalities with viscoelastic bulk phases, with respect
to their response to deformations. There is however little experimental evidence that shear deformations of interfaces can induce in-plane
normal stresses (not to be confused with stresses normal to the interface). Theoretical models for the stress-deformation behavior of complex ﬂuid-ﬂuid interfaces subjected to shear, predict the existence of
in-plane normal stresses. In this paper we suggest methods to conﬁrm
the existence of such stresses experimentally.

1 Introduction
The response of a complex ﬂuid-ﬂuid interface to a deformation is determined by
a wide range of parameters. It is well-known that apart from the familiar surface
tension, this response is aﬀected by surface rheological properties such as the surface
shear and dilatational modulus ([1] and references therein), by the bending rigidity of
the interface [1–8], and by its permeability [8, 9] (the latter is particularly important
for interfaces in vesicles or phase-separated biopolymer systems). In their response to
shear deformations viscoelastic interfaces show behavior similar to viscoelastic bulk
phases. Their response is characterized by a surface shear storage modulus Gs , a
surface shear loss modulus Gs , and a set of relaxation times τs . These properties
have been determined experimentally for interfaces, stabilized by a wide range of
components, such as polymers, proteins, colloidal particles, and mixtures thereof [1].
It is less well-know if shear deformations of interfaces can also induce normal stresses
in the interface, similar to the normal stresses induced in shearing ﬂows of bulk phases.
The latter lead to well-known phenomena such as rod-climbing when such bulk phases
are stirred with an overhead stirrer, or to die swell in extrusion processes. A study
by Olson and Fuller [10] on the behavior of PODMA [poly(octadecyl methacrylate)]
a
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Fig. 1. Three-dimensional view, top view, and side view of a surface shear device for measuring surface normal forces. The surface is sheared using a rotating band. The shear deformation induces a normal force in the direction of the yellow arrow. This force can be
measured with a sensor connected to a nano-force transducer. The barrier can be moved to
control surface concentration of adsorbed species.

stabilized interfaces in contraction/expansion ﬂows shows evidence of “surface die
swell” phenomena, which clearly points to the existence of surface normal stresses.
Surface normal stresses should not be confused with stresses normal to the interface. For a ﬂat interface with surface coordinates (x, y), and z denoting the coordinate perpendicular to the surface, an in-plane shear deformation with magnitude γxy
s
would induce a surface shear stress with magnitude σxy
. The surface normal stress (if
s
s
present) is equal to the stress diﬀerence σxx −σyy , and is a tangential stress diﬀerence,
oriented perpendicular to the direction of ﬂow (see Figure 1). Stresses normal to the
surface would be pointing in the z-direction.
When surface normal stresses are induced, they may lead to eﬀects observed also
in bulk phases. In surface shear experiments using bi-conical disk [11–15] or doublewall ring geometries [16, 17], they could lead to disk- or ring-climbing. Experimental
observations of such eﬀects have so far not appeared in the literature (to the knowledge
of the author).
There are however theoretical models for the stress-deformation behavior of complex interfaces that predict the existence of such stresses. An example of these is a
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structural model for interfaces stabilized by a mixture of low molecular weight surfactants and rod-like particles, recently developed by Sagis and Öttinger [18, 19], in
the context of the GENERIC nonequilibrium thermodynamic framework [20–23]. The
interface is basically described as a dilute suspension of rod-like particles in a surfactant stabilized interface, and the surface extra stress tensor in this model is given by
kB T s ρsP
(Cs − P)
(1)
m
where εd and εs are the surface dilatational and surface shear viscosity of the part of
the interface that is covered by surfactant (described by a linear Bousinesq model),
Ds is the surface rate of deformation tensor [15], and P is the surface projection tensor
(the unit tensor for the tangential vector ﬁelds) [15]. The last term on the right hand
side of (1) describes the contribution of the particles to the surface stress. In this term
kB is the Boltzmann constant, T s is the surface temperature, ρsP is the surface mass
density of particles in the interface (kg/m2 ), and m is the mass of the particles. The
second order tensor Cs is the second moment of the particle orientation distribution.
It is deﬁned as ns ns s , where ns is the unit vector denoting the direction of the
length axis of the rod-like particles, and the brackets denote a local average. In the
model by Sagis and Öttinger [18, 19] the time rate of change of this tensor is given by
σ s = (εd − εs ) [trDs ] P + 2εs Ds +

∂Cs
T
− Cs · (∇s vs ) − (∇s vs ) · Cs
∂t
1
+ ([1 − β]Cs − P + βCs · Cs ) = 0.
τ

(2)

Here τ is a relaxation time, β is a parameter describing deviations from linear relaxation behavior, ∇s is the surface gradient operator [15], and vs is the surface velocity.
The ﬁrst terms in this expression describe the orientation of the particles in the direction of ﬂow by the imposed velocity gradient, the last terms describe relaxation
processes that randomize the orientation by rotational diﬀusion.
The model described above is able to predict the shear thinning behavior observed
experimentally for interfaces stabilized by anisotropic particles [24–26]. An interesting
feature of this model is that in steady in-plane shear it predicts the existence of
nonzero surface normal stresses. From (1) we ﬁnd that the surface normal stress
diﬀerence equals


2kB T s ρsP
s
s
s
(Cxx
− 1)
(3)
σxx − σyy =
m
and this allows us to express the surface normal stress coeﬃcient Ψs as
 s

s
s
− σyy
σxx
2kB T s ρsP Cxx
−1
Ψs =
=
γ̇ 2
m
γ̇ 2

(4)

where γ̇ is the applied surface shear rate. Experimental proof of the actual existence
of such stresses would greatly enhance our understanding of the behavior of complex
interfaces. The normal stresses predicted by the model described above are quite
low. For a dilute 2D suspension of particles (surface fraction ∼0.01), with particle
dimensions of the order of 10 × 1 × 1μm3 , a surface density of about 10−5 kg/m2 ,
a particle mass of the order of 10−14 kg, and assuming almost full alignment of the
s
≈ 2), we would obtain (using equation (3)) a normal stress diﬀerence
particles (Cxx
of the order 10−11 N/m. Such low stresses would be hard to detect, and are unlikely
to have a signiﬁcant impact on the behavior of an interface during a surface shear
experiment. But for interfaces stabilized by a dense layer of particles or polymers
these stresses could be several orders of magnitude higher, and might be detectable.
In the next section we will suggest a setup that could be used for this purpose.
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Fig. 2. Eﬀect of contact angle on measured normal force. The measured force equals Fn sin θ,
where θ is the contact angle of the subphase with the sensor.

2 Suggestions for a device to measure surface normal stresses
To measure surface normal stresses, we need to subject an interface to a well deﬁned
shear deformation. Figure 1 shows a setup based on a Langmuir trough, in which a
surface is sheared using a rotating band. A shear ﬁeld is created between the rotating
band and the left (ﬁxed) wall of the trough, and this ﬁeld induces a normal stress
diﬀerence at the left wall, pointing in the direction of the rotating band (the yellow
arrow in Figure 1). In the left wall a sensor is placed at a vertical level such that the
ﬂuid-ﬂuid interface is in contact with the sensor. The sensor could be a highly sensitive
pressure sensor, or a rigid plate connected by a rod to a nano-force transducer. The
normal force FN measured by the latter would be equal to

 s
s
L
(5)
− σyy
FN = σxx
where L is the width of the sensor plate. High sensitivity force probes (load cells)
can measure forces down to a few nN, which would mean that for a sensor width of
the order of 0.01 m the lower limit for the surface normal stress diﬀerences we could
potentially detect is of the order of 10−7 N/m.
The measured normal force will be aﬀected by the contact angle θ between the
interface and the sensor plate. This is depicted in Figure 2. The force measured by
the force transducer will be equal to FN sin θ, which will be maximal at an angle of
π/2. So to increase resolution of this method we should choose the material for the
sensor plate such that the contact angle is close to 90◦ . Alternatively, the surface of
the sensor plate could be roughened (for example by sand-blasting it).
The setup depicted in Figure 1 is based on a Langmuir trough. The advantage
of this setup is the easy control of surface concentration, especially when studying
insoluble surface active species, which are spread on the interface. The normal force
measurements can also more easily be combined with structural analysis methods for
the interface [27]. A drawback of the setup, which uses a rotating band to apply a
shear deformation, is that we cannot simultaneously measure the shear stresses. As
an alternative, the principle suggested here could be implemented in an oscillating
needle rheometer [28], in which the interface is deformed using a thin magnetic needle,
displaced by two magnetic coils. The sensor and force transducer should then be
placed in the side-wall of the Langmuir trough of this rheometer, parallel to the
direction of the needle. A drawback of the needle rheometer is that the range of
surface shear rates it can apply is rather limited, and may not be suﬃcient to produce
measurable normal force signals.
In principle the sensor and transducer could also be ﬁtted in the outer wall of
a bi-conical disk or double-wall ring geometry, which would also allow simultaneous
measurement of surface normal and surface shear stresses. But in these setups it is
more diﬃcult to characterize the structure of the interface. Moreover, at high shear
rates centrifugal forces may obscure the normal force signals.
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3 Conclusions and outlook
In this note we have discussed a possible setup for the measurement of surface normal
forces, based on a Langmuir trough, in which a surface shear ﬁeld is created using a
rotating band. The normal forces induced by the shear ﬁeld can be measured with a
sensor located in the ﬁxed wall of the trough, connected to a nano-force transducer.
Whether such a setup would be sensitive enough to detect surface normal forces needs
to be conﬁrmed by experiments. Conﬁrming the existence of these stresses would
greatly enhance our understanding of the dynamics of complex ﬂuid-ﬂuid interfaces.
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